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Let’s understand these ques$ons  
with the words of physics

• Why are stars so luminous? 

• Why do stars show L ~ M4? 

• Why do stars evolve? 

• Why does the des9ny of stars depend on the mass? 

• Why do some stars explode? 

• Why don’t normal star explode? 

• Why does stellar core collapses? 

• Why is the energy of supernova so huge? 

• …
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Why do stars evolve??

“Evolu$on” = Changes in the state with $me 

What happens when there is no more fuel for nuclear burning
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No nuclear burning 
- Total energy decreases 
- Contrac$on (gravita$onal energy decreases) 
- Temperature rises
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Heated iron stars

Gets colder
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Nuclear binding energy

Eb = [NmN + Zmp - mi] c2  > 0

Larger binding energy 
= more stable 

Fe has the largest 
Eb/nucleon

Then, all the stars produce Fe? => No 
Stellar material does not always behave as ideal gas



元素はいかにつくられたか（岩波書店）

Main reac$ons Products TPhase

Nuclear sta$s$cal equilibrium



ρ-T plane 
密度 - 温度平面



Summary: Stellar evolu$on (I)

• Virial theorem (for ideal gas case) 

• Internal energy always relates with gravita$onal energy 

• When stars lose energy, they contract 

• Temperature rises (“nega$ve heat capacity”) 

• Evolu$on of density and temperature 

• Rise in temperature due to contrac$on T ~ ρ1/3　 

• Next burning stages => Onion-like structure 

• Do all the stars produce Fe?? => No.  
Equa$on of states plays an important role 
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1a. H-burning  (pp chain)

Note the similarity between the expressions for the nuclear energy generation rate (6.37) and the
equation for composition changes (6.41), both of which are proportional to ri j. Using eq. (6.35) for
the energy released per gram, we can write the reaction rate as

ri j =
εi j

qi j(Ai + Aj)
ρ

mu
. (6.42)

If we substitute this expression into eq. (6.41) the factor ρ/mu drops out. We obtain a useful expression
in simple cases where only one reaction occurs, or a reaction chain in which one reaction determines
the overall rate. An example is the fusion of 4 1H into 4He, which is the net result of a chain of
reactions (see Sec. 6.4.1). In that case you may verify that (6.41) and (6.42) reduce to

dY
dt
= −

dX
dt
=
εH

qH
, (6.43)

where εH is the energy generation rate by the complete chain of H-burning reactions, and qH is amount
of energy produced by converting 1 gram of 1H into 4He.

6.4 The main nuclear burning cycles

In principle, many different nuclear reactions can occur simultaneously in a stellar interior. If one is
interested in following the detailed isotopic abundances produced by all these reactions, or if structural
changes occur on a very short timescale, a large network of reactions has to be calculated (as implied
by eq. 6.41). However, for the calculation of the structure and evolution of a star usually a much
simpler procedure is sufficient, for the following reasons:

• The very strong dependence of nuclear reaction rates on the temperature, combined with the
sensitivity to the Coulomb barrier Z1Z2, implies that nuclear fusions of different possible fuels
– hydrogen, helium, carbon, etc. – are well separated by substantial temperature differences.
The evolution of a star therefore proceeds through several distinct nuclear burning cycles.

• For each nuclear burning cycle, only a handful of reactions contribute significantly to energy
production and/or cause major changes to the overall composition.

• In a chain of subsequent reactions, often one reaction is by far the slowest and determines the
rate of the whole chain. Then only the rate of this bottleneck reaction needs to be taken into
account.

6.4.1 Hydrogen burning

The net result of hydrogen burning is the fusion of four 1H nuclei into a 4He nucleus,

4 1H→ 4He + 2 e+ + 2 ν . (6.44)

You may verify using Sec. 6.1.1 that the total energy release is 26.734MeV. In order to create a 4He
nucleus two protons have to be converted into neutrons. Therefore two neutrinos are released by weak
interactions (p→ n+ e+ + ν), which escape without interacting with the stellar matter. It is customary
not to include the neutrino energies into the overall energy release Q, but to take into account only
the energy that is used to heat the stellar gas. This includes energy released in the form of γ-rays
(including the γ-rays resulting from pair annihilation after e+ emission) and in the form of kinetic
energies of the resulting nuclei. The effective Q-value of hydrogen burning is therefore somewhat
smaller than 26.734MeV and depends on the reaction in which the neutrinos are emitted.
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Since a simultaneous reaction between four protons is extremely unlikely, a chain of reactions is
always necessary for hydrogen burning. This can take place in two distinct ways: either direct fusion
of protons via the p-p chain, or by using already present CNO-nuclei as catalysts in the CNO cycle.
Hydrogen burning in stars takes place at temperatures ranging between 8 × 106 K and 5.0 × 107 K,
depending on stellar mass and evolution stage.

The p-p chains

The first reaction is the so-called p-p reaction:
1H + 1H→ 2H + e+ + ν or p + p→ D + e+ + ν . (6.45)

This involves the simultaneous β-decay of one of the protons during the strong nuclear interaction.
This is very unlikely and the p-p reaction therefore has an extremely small cross-section, about 10−20
times that of a typical reaction involving only strong interactions. The reaction rate cannot be mea-
sured in the laboratory and is only known from theory.

After some deuterium is produced, it rapidly reacts with another proton to from 3He. Subse-
quently three different branches are possible to complete the chain towards 4He:

1H + 1H→ 2H + e+ + ν
2H + 1H→ 3He + γ

!
!

!
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3He + 3He→ 4He + 2 1H

pp1

3He + 4He→ 7Be + γ
!

!
!

!!"

#
#

#
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7Be + e− → 7Li + ν
7Li + 1H→ 4He + 4He

pp2

7Be + 1H→ 8B + γ
8B→ 8Be + e+ + ν
8Be→ 4He + 4He

pp3 (6.46)

The pp1 branch requires two 3He nuclei, so the first two reactions in the chain have to take place
twice. The alternative pp2 and pp3 branches require only one 3He nucleus and an already existing 4He
nucleus (either present primordially, or produced previously by hydrogen burning). The resulting 7Be
nucleus can either capture an electron or fuse with another proton, giving rise to the second branching
into pp2 and pp3. Three of the reactions in the chains are accompanied by neutrino emission, and the
(average) neutrino energy is different in each case: 〈Eν〉 = 0.265MeV for the p-p reaction, 0.814MeV
for electron capture of 7Be and 6.71MeV for the β-decay of 8B. Therefore the total energy release
QH for the production of one 4He nucleus is different for each chain: 26.20MeV (pp1), 25.66MeV
(pp2) and only 19.76MeV for pp3.

The relative frequency of the three chains depends on temperature and chemical composition.
Because the 3He + 4He reaction is slightly more sensitive to temperature than the 3He + 3He reaction
(it has a somewhat higher reduced mass and larger τ, eq. 6.25), the pp1 chain dominates over the other
two at relatively low temperature (T7 ∼< 1.5). The pp1 chain is the main energy-producing reaction
chain in the Sun. At increasing T , first the pp2 chain and then the pp3 chain become increasingly
important.
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1b. H burning (CNO cycle)

At low temperatures (T < 8 × 106 K) the rates of all reactions should be calculated separately to
obtain the energy generation rate and the changes in abundances. In particular, the 3He+ 3He reaction
is quite slow and a substantial abundance of 3He can accumulate before further reactions occur. For
T ∼> 8 × 106 K all reactions in the chain are fast enough that they reach a steady state, where once a
D nucleus is produced by the first, very slow reaction, all successive reactions proceed very quickly
until 4He is formed. The nuclear lifetimes (eq. 6.39) of the intermediate nuclei D, 3He, 7Li, etc,
are very short compared to the overall nuclear timescale, and their abundances are very small. The
overall rate of the whole reaction chain is then set by the rate of the bottleneck p-p reaction, rpp. In
this steady-state or ‘equilibrium’ situation the rate of each subsequent reaction adapts itself to the pp
rate.1 The energy generation rate (given by the sum of energies released by each reaction, eq. 6.37)
can then be expressed in a single term of the form (6.33), i.e. εnuc = QHrpp/ρ where QH is the total
energy released in the whole chain (6.44). The above expression applies to the pp2 and pp3 chains,
which each require one p-p reaction to complete. For the pp1 chain two p-p reactions are needed and
therefore in that case εnuc = 1

2QHrpp/ρ. Expressing rpp in terms of the cross section factor 〈συ〉pp and
the hydrogen abundance X, we can compute the energy generation rate for hydrogen burning by the
combination of pp chains as

εpp = ψ qHX2
ρ

mu
〈συ〉pp, (6.47)

where qH = QH/4mu is the total energy release per gram of hydrogen burning and ψ is a factor be-
tween 1 (for the pp1 chain) and 2 (for the pp2 and pp3 chains), depending on the relative frequency of
the chains. Both ψ and qH therefore depend on the temperature, because the three chains have differ-
ent neutrino losses. The overall temperature dependence of εpp is dominated by the T -dependence of
〈συ〉pp and is shown in Fig. 6.5. The pp chain is the least temperature-sensitive of all nuclear burning
cycles with a power-law exponent ν (eq. 6.30) varying between about 6 at T6 ≈ 5 and 3.5 at T6 ≈ 20.

The CNO cycle

If some C, N, and O is already present in the gas out of which a star forms, and if the temperature
is sufficiently high, hydrogen fusion can take place via the so-called CNO cycle. This is a cyclical
sequence of reactions that typically starts with a proton capture by a 12C nucleus, as follows:

12C + 1H→ 13N + γ
13N→ 13C + e+ + ν

13C + 1H→ 14N + γ
14N + 1H→ 15O + γ

15O→ 15N + e+ + ν
15N + 1H→ 12C + 4He

!

→ 16O + γ
16O + 1H→ 17F + γ

17F→ 17O + e+ + ν
17O + 1H→ 14N + 4He

"

(6.48)
1For example, if we denote by rpD the rate of 2H + 1H, one has rpD = rpp, etc. Note that describing the p-p reaction as

‘slow’ and the 2H + 1H as ‘fast’ refers to the difference in cross-section factors 〈συ〉 and not to the number of reactions per
second r given by eq. (6.8).
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2. He-burning (triple alpha)
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where 〈συ〉pN is the cross-section factor of the 14N(p, γ)15O reaction which controls the rate of the
whole cycle. X14 is the 14N mass fraction in the energy-generating zone of the star, which is close
to the total abundance XCNO of CNO nuclei once equilibrium is reached in the full CNO cycle. The
energy release per unit mass qH = QH/4mu takes into account the neutrino losses, which for the CNO
cycle in equilibrium amounts to QH = 24.97MeV. The temperature sensitivity of the CNO cycle is
much higher than for the pp chain, with ν varying between 23 and 13 for T7 ranging from 1.0 to 5.0.
This is illustrated in Fig. 6.5 where the temperature dependence of εCNO is compared to that of εpp.
For the purpose of very simple approximations one can take

εpp ∝ X2 ρ T 4 and εCNO ∝ XX14 ρ T 18. (6.51)

The strong difference in temperature sensitivity has the consequence that the pp chain dominates at
low temperatures, T7 ∼< 1.5, while the CNO cycle is dominant at higher temperatures.

6.4.2 Helium burning

Helium burning consists of the fusion of 4He into a mixture of 12C and 16O, which takes place at
temperatures T ∼> 108 K. Such high temperatures are needed because (1) the Coulomb barrier for
He fusion is higher than that of the H-burning reactions considered above, and (2) fusion of 4He is
hindered by the fact that no stable nucleus exists with mass number A = 8. Therefore helium burning
must occur in two steps:

4He + 4He↔ 8Be
8Be + 4He→ 12C∗ → 12C + γ

(6.52)

The 8Be nucleus temporarily formed in the first reaction has a ground state that is 92 keV higher in
energy than that of two separate 4He nuclei. It therefore decays back into two α particles after a few
time 10−16 s. While extremely short, this time is long enough to build up a very small equilibrium
concentration of 8Be, which increases with temperature and reaches about 10−9 at T ≈ 108 K. Then
the second reaction 8Be(α, γ)12C starts to occur at a significant rate, because of a resonance at just
the Gamow peak energy. The result is an excited compound nucleus 12C∗ which subsequently decays
to the ground state of 12C with emission of a γ photon. The corresponding energy level in the 12C
nucleus was predicted by Fred Hoyle in 1954, because he could not otherwise explain the existence
of large amounts of carbon in the Universe. This excited state of 12C was subsequently found in
laboratory experiments.

The net effect of the two reactions (6.52) is called the triple-α reaction,

3 4He→ 12C + γ, (6.53)

which has Q = 7.275MeV. The energy release per unit mass is q3α = Q/m(12C) = 5.9 × 1017 erg/g,
which is about 1/10 smaller than for H-burning. Since the two reactions need to occur almost simul-
taneously, the 3α reaction behaves as if it were a three-particle reaction and its rate is proportional to
n3α. The energy-generation rate can be written as

ε3α = q3α X34 ρ
2 λ3α, (6.54)

where the temperature dependence is described by the factor λ3α, which depends on the combined
cross-sections of the two reactions (6.52). X4 ≈ Y is the mass fraction of 4He. The temperature
sensitivity of the 3α rate is extremely high, with ν ≈ 40 at T8 ≈ 1.0.

When a sufficient amount of 12C has been created by the 3α reaction, it can capture a further α
particle to form 16O,

12C + 4He→ 16O + γ, (6.55)
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3. C-burning
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Figure 6.6. Dependence of the mass fractions of
12C and 16O on 4He during He-burning, for typical
conditions in intermediate-mass stars.

which has Q = 7.162 MeV, or qαC = 4.32 × 1017 erg per gram of produced 16O. In principle further
α captures on 16O are possible, forming 20Ne, but during normal helium burning conditions these are
very rare. The 12C(α, γ)16O reaction is strongly affected by resonances and its rate is quite uncertain.
This is important because this reaction competes with the 3α reaction for available 4He nuclei, as
illustrated by Fig. 6.6. The final 12C/16O ratio reached at the end of He-burning is therefore also
uncertain.

6.4.3 Carbon burning and beyond

In the mixture of mainly 12C and 16O that is left after helium burning, further fusion reactions can
occur if the temperature rises sufficiently. In order of increasing temperature, the nuclear burning
cycles that may follow are the following.

Carbon burning When the temperature exceeds T8 ∼> 5 the large Coulomb barrier for 12C + 12C
fusion can be overcome. This is a complicated reaction, in which first an excited compound 24Mg
nucleus is formed which can then decay via many different channels. The most important channels
are the following:

12C + 12C→ 24Mg∗ → 20Ne + α Q = 4.616 MeV (∼ 50%)

→ 23Na + p Q = 2.238 MeV (∼ 50%)
(6.56)

The protons and α particles released find themselves at extremely high temperatures compared to
those needed for hydrogen and helium burning, and will almost immediately react with other nuclei
in the mixture, from 12C to 24Mg. Examples are 23Na(p,α)20Ne, 20Ne(α, γ)24Mg and chains such as
12C(p, γ)13N(e+ν)13C(α, n)16O, where the neutron will immediately react further. The overall energy
release is obtained from the combination of all these reactions and is roughly Q ≈ 13 MeV per
12C+12C reaction. The main products after exhaustion of all carbon are 16O, 20Ne and 24Mg (together
95% by mass fraction). These most abundant nuclei have equal numbers of protons and neutron, but
some of the side reactions produce neutron-rich isotopes like 21,22Ne, 23Na and 25,26Mg, so that after
C burning the overall composition has a ‘neutron excess’ (n/p > 1, or µe > 2).
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4. Ne-burning

Neon burning The next nuclear burning cycle might be expected to be oxygen fusion, but already
at somewhat lower temperature (T9 ≈ 1.5) a process called ‘neon burning’ is initiated by the photo-
disintegration of 20Ne. At this temperature a sufficient number of photons have energies in the MeV
range which is sufficient to break up the relatively fragile 20Ne nucleus into 16O and 4He. This is
immediately followed by the capture of the α particle by another 20Ne nucleus, thus:

20Ne + γ ↔ 16O + α Q = −4.73MeV
20Ne + α→ 24Mg + γ Q = 9.31MeV

(6.57)

The first reaction is endothermic, but effectively the two reactions combine to 2 20Ne → 16O + 24Mg
with a net energy release Q > 0. The composition after neon burning is mostly 16O and 24Mg (together
95% by mass fraction).

Oxygen burning At T9 ≈ 2.0 fusion of 16O nuclei sets in, which is in many ways analogous to the
carbon fusion reaction described above. Also in this case there are several reaction channels, the most
important ones being:

16O + 16O→ 32S∗ → 28Si + α Q = 9.59MeV (∼ 60%)

→ 31P + p Q = 7.68MeV (∼ 40%)
(6.58)

Similar to carbon burning, the p and α particles are immediately captured by other nuclei, giving
rise to a multitude of secondary reactions that eventually lead to a composition mostly consisting
of 28Si and 32S (together 90% by mass fraction). The net energy release per 16O + 16O reaction is
Q ≈ 16MeV. Since some of the side reactions involve β+-decays and electron captures, the neutron
excess of the final mixture is further increased.

Silicon burning The lightest and most abundant nucleus in the ashes of oxygen burning is 28Si, but
the Coulomb barrier for 28Si + 28Si fusion is prohibitively high. Instead silicon burning proceeds by
a series of photo-disintegration (γ,α) and α-capture (α, γ) reactions when T9 ∼> 3. Part of the silicon
‘melts’ into lighter nuclei, while another part captures the released 4He to make heavier nuclei:

28Si (γ,α) 24Mg (γ,α) 20Ne (γ,α) 16O (γ,α) 12C (γ,α) 2α
28Si (α, γ) 32S (α, γ) 36Ar (α, γ) 40Ca (α, γ) 44Ti (α, γ) . . . 56Ni

(6.59)

Most of these reactions are in equilibrium with each other, e.g. 28Si + γ ↔ 24Mg + α, and the
abundances of the nuclei can be described by nuclear equivalents of the Saha equation for ionization
equilibrium. For T > 4 × 109 K a state close to nuclear statistical equilibrium (NSE) can be reached,
where the most abundant nuclei are those with the lowest binding energy, constrained by the total
number of neutrons and protons present. The final composition is then mostly 56Fe because n/p > 1
(due to β-decays and e−-captures during previous burning cycles).

6.5 Neutrino emission

Neutrinos play a special role because their cross-section for interaction with normal matter is ex-
tremely small. The neutrinos that are released as a by-product of nuclear reactions have typical
energies in the MeV range, and at such energies the interaction cross-section is σν ∼ 10−44 cm2.
The corresponding mean free path in matter at density ρ = nµmu is 'ν = 1/(nσν) = µmu/(ρσν) ∼
2 × 1020 cm/ρ, for µ ≈ 1. Even at densities as high as 106 g/cm3, this gives 'ν ∼ 3000R(. Therefore
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excess of the final mixture is further increased.

Silicon burning The lightest and most abundant nucleus in the ashes of oxygen burning is 28Si, but
the Coulomb barrier for 28Si + 28Si fusion is prohibitively high. Instead silicon burning proceeds by
a series of photo-disintegration (γ,α) and α-capture (α, γ) reactions when T9 ∼> 3. Part of the silicon
‘melts’ into lighter nuclei, while another part captures the released 4He to make heavier nuclei:

28Si (γ,α) 24Mg (γ,α) 20Ne (γ,α) 16O (γ,α) 12C (γ,α) 2α
28Si (α, γ) 32S (α, γ) 36Ar (α, γ) 40Ca (α, γ) 44Ti (α, γ) . . . 56Ni

(6.59)

Most of these reactions are in equilibrium with each other, e.g. 28Si + γ ↔ 24Mg + α, and the
abundances of the nuclei can be described by nuclear equivalents of the Saha equation for ionization
equilibrium. For T > 4 × 109 K a state close to nuclear statistical equilibrium (NSE) can be reached,
where the most abundant nuclei are those with the lowest binding energy, constrained by the total
number of neutrons and protons present. The final composition is then mostly 56Fe because n/p > 1
(due to β-decays and e−-captures during previous burning cycles).

6.5 Neutrino emission

Neutrinos play a special role because their cross-section for interaction with normal matter is ex-
tremely small. The neutrinos that are released as a by-product of nuclear reactions have typical
energies in the MeV range, and at such energies the interaction cross-section is σν ∼ 10−44 cm2.
The corresponding mean free path in matter at density ρ = nµmu is 'ν = 1/(nσν) = µmu/(ρσν) ∼
2 × 1020 cm/ρ, for µ ≈ 1. Even at densities as high as 106 g/cm3, this gives 'ν ∼ 3000R(. Therefore

93

T ~ 2-3 x 109 K



6. Si-burning（Nuclear sta$s$cal equilibrium）
T > 4 x 109 K
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High temperature => photo-dissocia$on

He capture

=> equilibrium of many reac$ons
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Nuclei with high binding energy tend to be produced (Fe, Co, Ni)

 (Ex.)


