
Sec$on 8. 
Low mass stars and white dwarfs 

8.1 Evolu$on of low mass stars 

8.2 White dwarfs



Let’s understand these ques$ons  
with the words of physics

• Why are stars so luminous? 

• Why do stars show L ~ M4? 

• Why do stars evolve? 

• Why does the des9ny of stars depend on the mass? 

• Why do some stars explode? 

• Why don’t normal star explode? 

• Why does stellar core collapses? 

• Why is the energy of supernova so huge? 

• …
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What about lower mass stars? 

What is the minimum mass of the stars? 

What is the fate of low mass stars?
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Sirius B  
白色矮星

Sirius A  
(シリウス)

hMps://kids.yahoo.co.jp/zukan/astro/winter/0001.html



Cat’s eye nebula 
 (J.P. Harrington and K.J. Borkowski, and NASA)



Helix nebula  
(NASA, ESA, and C.R. O'Dell)
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FIG. 2.ÈObservational support for the white dwarf mass-radius rela-
tion after Hipparcos, showing revised positions for the visual binaries and
including results from the common proper-motion systems.

presents the revised visual binary positions, asFigure 2
well as the results for the CPM pairs. These objects test the
mass-radius relation using the absolute minimum of physi-
cal assumptions. The physics underlying this Ðgure is
KeplerÏs third law, the gravitational redshift, and some
general assumptions regarding the ability of model atmo-
spheres to predict a value of the emergent Ñux There areHj.a considerably greater number of data points than present-
ed in although many of the additions are some-Figure 1,
what uncertain. The important binaries, Sirius B, Procyon
B, and 40 Eri B, are plotted with improved accuracy. Figure

repeats but also includes the Ðeld white dwarfs3 Figure 2,
from In addition to the physics underlyingTable 6. Figure

broadening theory must be included in the underlying2,
assumptions for Figure 3.

Our Ðrst conclusion is that the mass-radius relation is
now more Ðrmly supported on observational grounds. For
readers who like high-precision data points, Sirius B and 40
Eri B Ðt the theoretical relation quite precisely. For readers
who enjoy an abundance of data points, more thanFigure 3
quadruples the number of observed points, the majority of
which lie between 1 and 2 p from the Wood models. We
discuss the discrepant points below.

FIG. 3.ÈObservational support for the white dwarf mass-radius rela-
tion, showing the positions of the visual binaries, common proper-motion
systems, and Ðeld white dwarfs. The Ðeld white dwarf masses were derived
using published surface gravity measurements and radii based on Hip-
parcos parallaxes.

4.1. Tentative Suggestions of Iron-rich Cores
Procyon B, EG 50, and GD 140 (labeled in all lieFig. 3)

signiÐcantly below the mass-radius relation for the expected
carbon interior composition of white dwarfs. While the plot
on the mass-radius relation may disguise the robust charac-
ter of our result, a close look at and Figures andTable 7 3 4
shows the source of our suggestion that at least two of these
three stars have iron-rich cores.

The masses predicted by the zero-temperature carbon-
core mass-radius relation for GD 140 and EG 50, using the
radii from are considerable larger than the massesTable 6,
we observe, with 4 and 7 p deviations GD 140 is a(Fig. 3).
well-studied white dwarf with ample spectroscopic(BSL)
evidence suggesting that it is massive. EG 50 is a more
mysterious case. While at a similar temperature to GD 140,
a comparison of the optical spectra presented in showsBSL
that GD 140Ïs Balmer lines are wider and shallower than
EG 50Ïs, arguing that GD 140 is more massive. Our radii
from combined with published values of log g,Table 6,
result in masses of 0.50 ^ 0.02 for EG 50, andM

_0.79^ 0.02 for GD 140, further supporting this com-M
_parison. Ðnds higher spectroscopic masses, assuming aBSL

carbon core and log He \ [4 mass-radius relation, of 0.66
and 0.90^ 0.03 for EG 50 and GD 140, respectively.M

_Our radii, combined with this same mass-radius relation,
imply even higher masses of B0.8 (EG 50) and B0.95M

_(GD 140)M
_

(Fig. 4).
In essence, both EG 50 and GD 140 have radii that are

signiÐcantly smaller than predicted by their observed
masses, assuming the carbon-core mass-radius relation. The
only way we can see of explaining the observations is by
assume an iron, or an iron-rich, core composition. It is then
possible to Ðt the observed radii, masses, and surface gravi-
ties consistently. It is conceivable that GD 140 harbors a
core heavier than carbon. If, however, EG 50 is really a
garden variety white dwarf with an average mass, we Ðnd it
difficult to explain an iron core with current theories of
white dwarf formation.

We discuss the problematic situation of Procyon B
separately et al. Even though our dis-(Provencal 1997).
cussion does not incorporate the Hipparcos parallax, we

FIG. 4.ÈPredicted masses for our white dwarf sample based on the
model used. The top panel uses models with thick [log q(H)\ [4] surface
layers, and the second has log q(H)\ 0. The solid lines are white dwarf
cooling curves at constant mass, beginning at 0.4 and increasing byM

_10ths sequentially downward. The error bars mark the 1 p error positions
for our observed points.

Provencal et al. 1998

Mass-radius rela$on for white dwarfs

R ~ M-0.3



More massive white dwarfs are smaller 
Opposite to the main sequence stars

Why??



Typical mass scale in the Universe can be expressed by fundamental constants. 
Under a simple one-zone approxima$on,  
show the following two rela$ons and calculate the masses. 

(3a) the lowest mass for main sequence mass 
         M ~ O(1) x (mp/me)3/4 (α/αG)3/2 mp 

(3b) Chandrasekhar mass 
         M ~ O(1) x αG-3/2 mp 

宇宙に存在する天体の質量スケールは物理定数で表すことができる。 
One-zone近似のもとで、以下の関係を示し、質量を計算せよ。 

(3a) 核融合が起こる星の最小質量 
         M ~ O(1) x (mp/me)3/4 (α/αG)3/2 mp 

(3b) チャンドラセカール質量 
         M ~ O(1) x αG-3/2 mp
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Summary: Low mass stars and white dwarfs

• Low mass stars 

• Maximum temperature to reach 

• M < 0.08 Msun: cannot reach H burning => brown dwarfs 

• White dwarfs 

• Supported by electron degeneracy pressure 
=> Stellar equa9ons become independent on temperature 

• More massive stars have smaller radius  
R ~ M-1/3  (non-rela9vis9c) 

• Limit of rela9vis9c electrons 
M = constant (Chandrasekhar limit) ~ 1.4 Msun


